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Abstract. Intermeshing rotors exist in various applications, such as kneaders and extruders, and their

performance could be assessed using computational fluid dynamics simulations. It is essential to evaluate
the robustness and accuracy of such simulations. Here, we apply the overset mesh method to simulate

intermeshing rotors using a Newtonian fluid to assess the suitability of the method. First, the simulations

of concentric cylinders were used to evaluate the effect of three numerical approaches. Second, the
simulations of a rotating impeller were applied to study five different mesh topologies. Finally, two

intermeshing impellers were simulated to demonstrate the functionality of the overset mesh method, and

the conservation of transported scalar was evaluated. All cases were simulated using the OpenFOAM
open-source software. The general observations were: 1) The simulated velocity fields were in good

accordance with the reference cases and the passive scalar was conserved in the simulation case of

intermeshing impellers despite the inherent mass conservation errors. 2) However, fluctuations in power
number were detected for conformal meshes in the two impeller case.

1. Introduction

Various applications utilize intermeshing rotors, i.e. rotors which come close to each other and have
intersecting sweep areas. The geometry of the rotors can be different, for example, they can be impellers in
kneaders or screws in twin screw extruders (TSEs). These applications are often designed and optimized
using the experimental trial-and-error -approach which requires resources significantly. An alternative
to the experimental approach is provided by numerical analysis utilizing computational fluid dynamics
(CFD). The main challenges in simulating intermeshing rotors are related to the rotating geometries, the
existing narrow gaps, and the intersecting sweep areas. The rotating geometries induce large relative
motions between the rotors and the stationary walls. These motions distort the mesh used in CFD
simulations, affecting the quality of the mesh and consequently, the accuracy of the simulation. In the
narrow gaps, high mesh density is required for accurate simulation, and the large relative motions distort
the mesh substantially. The intersecting sweep areas have overlapping domains which cannot be simulated
using conventional mesh methods, such as sliding meshes.

Several numerical CFD methods have been used to simulate intermeshing rotors. In the finite element
method (FEM), quasi steady state simulations of TSEs [1,2] have been studied using remeshing method
for the rotating geometries. However, this method is very time-consuming. Therefore, other methods
have been developed including the mesh superposition technique (MST) and the fictitious domain method
(FDM). In the MST [3], independent meshes are constructed for the fluid and the rotors. The position
of the rotors is updated at each time step, and it is detected whether the nodes of the fluid mesh are
in the fluid region or the rotor region. In the fluid region, the velocity is calculated according to the
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governing equations, but in the rotor region, a penalty formulation is used to match the velocity to the
screw velocity. This method has been applied e.g. to kneaders [4, 5] and TSEs [6{8]. The FDM [9] is
analogous to MST, but Lagrange multipliers are utilized instead of the penalty technique, to include the
rotating geometries. This method has been used e.g. for a helical ribbon mixer [10]. However, both
MST and FDM have certain disadvantages. Alsteens [11] noted that mass conservation in these methods
is not guaranteed. Gigu�ere et al. [10] stated that mesh re�nement is required for MTS to improve the
mass conservation and to obtain a good description of the moving rotors, especially in the narrow gaps.
Sarhangi Fard et al. [12] noted that FDM had fundamental accuracy issues mainly in the narrow gap
regions despite the local mesh re�nement.

In the �nite volume method (FVM), the rotating geometry of intermeshing rotors has been simulated
using the overset mesh (also referred to as Chimera mesh) method. In the overset mesh method [13],
the stationary background mesh covers the computational domain completely and dynamic meshes are
created around the moving rotors. These separate meshes overlap, and the information between the
meshes is exchanged via interpolation on speci�ed cells. This method has been applied, for example, to
a mixer [14] and helicopter rotors [15]. The advantages [16] of the overset mesh method are its potential
for simulating large relative motions, the simpli�ed grid generation of the individual meshes, and the
consequent improvement of the mesh quality. The challenges [16{18] of this method are related to mass
conservation: the FVM utilizing overset mesh method becomes non-conservative due to the interpolation
between the meshes. In contrast, the FVM in the single mesh simulations is inherently conservative
since the cells are connected via shared faces. The error of the mass conservation in the overset mesh
simulations could in
ict unphysical pressure 
uctuation since the pressure correction algorithms applied
in the FVM utilize the mass defect to calculate the pressure in incompressible 
uid. Consequently, the
accuracy of the 
ow solution could be reduced. The mass conservation has been evaluated in the literature
using di�erent approaches. Several studies [19{21] treated the conservation as part of the discretization
error and not as a separate issue. These studies utilized methods based on the Richardson extrapolation
to evaluate the uncertainty of the simulations. Others have evaluated the mass 
ow di�erence between
inlet and outlet [22] or compared the L1 or L2 norms of the analytical and simulated quantities [23,24].
V•olkner et al. [16] de�ned the mass defect as the sum of mass 
uxes across overlapping surfaces between
interpolated and calculated cells. Chandar [17] approached the issue through the pressure equation
derived from the incompressible Navier-Stokes equations and proposed that the mass conservation error
could be interpreted as a source or sink term due to the overlapping region. He calculated both L1 and
L2 volume-weighted errors between interpolated and exact quantities. In addition, other methods for
simulating intermeshing rotors have been proposed, such as the smoothed particle hydrodynamics (SPH)
method [25,26], the immersed solid technique [27] and the added and eliminated mesh method [28].

Various commercial and open-source CFD software are available. One open-source software is the
widely used OpenFOAM® which has been applied to simulate various applications with rotating geome-
tries, such as stirred tanks [29{32], bioreactors [33, 34], centrifugal pumps [35, 36], and turbines [37{40].
However, the methods applied for these applications were not suitable for intermeshing rotors and only
a few studies use the overset mesh method implemented in OpenFOAM® . Singh Tomar et al. [14] eval-
uated a mixer with three rotors and studied the heating of a viscous 
uid in the mixer. The overset
simulation was validated using the well-known case of Taylor-Couette 
ow between two concentric cylin-
ders and the velocity pro�le simulated with the overset mesh method was in good accordance with the
analytical pro�le. Casari et al. [41] evaluated suitable methods available in OpenFOAM® for simulating
positive displacement machines. They stated that the computational times of the overset mesh method
and the remeshing approaches were unacceptable for realistic machines, and the Immersed Boundary
Method had issues in solving boundary layers. Therefore, they suggested using body-�tted structured
grids for twin screw compressors with intermeshing rotors. However, this method had issues related to
mass conservation in 3D simulations even though the simulated results were satisfactory compared to the
experimental data in 2D simulation.

Here, the main research focus is on the overset mesh method in OpenFOAM® . Two research gaps were
identi�ed based on the literature survey: 1) The mass conservation error has been addressed separately
from the discretization error in only a few studies and 2) the intermeshing rotors have been simulated
using the overset mesh method only in limited number of studies. The main objectives of the study are: 1)
verify the implementation by comparing the concentric cylinder case to the analytical solution, 2) assess
the implementation using one six-bladed impeller, 3) demonstrate the functionality of the overset mesh
method for two counter-rotating and intermeshing six-bladed impellers, and 4) evaluate the conservation
of a transported passive scalar in the intermeshing impellers simulation to highlight the conservation
properties of the overset mesh method.
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2. Numerical methods

2.1. Fluid dynamical properties. In the present study, Newtonian 
uid was studied using the prop-
erties of water (density � = 1000 kg/m 3 and kinematic viscosity � = 10 � 6 m2/s).

2.2. Governing equations. The governing equations for the simulations were the incompressible Navier-
Stokes equations which read as follows [17,42]:

r �U = 0 ; (1)

@
@t

(U ) + r �((U � U g)U ) = �r p + � r 2U ; (2)

where U , U g, p, and t were the velocity, the velocity of the moving mesh, the kinematic pressure, and
time, respectively. In order to determine the velocity of the moving mesh, the space conservation law
(integral form) was solved as follows [42] [43, p.330]:

@
@t

Z

V
dV �

Z

S
U g � ndS = 0 ; (3)

whereV and S were the volume, and the surface of the simulated domain, respectively, andn was the unit
surface normal of the surface. In the OpenFOAM® code, the 
uxes are computed using interpolation
of the �eld variables from the cell centroids to the cell faces. The linear systems of the governing
equations were solved usingoverPimpleDyMFoamwhich applied the PIMPLE algorithm utilizing the
pressure correction algorithms. [44]

The transportation equation of the passive scalar (c) was as follows:

@c
@t

+ r �(U c) � � r 2c = 0 ; (4)

where � was the di�usivity of the scalar c.

2.3. Simulation cases. Figure 1 presents the three simulation cases studied. The two-dimensional
simulations were conducted using OpenFOAM® version v2306.

Figure 1. The simulation cases (a) Case I: the concentric cylinders, (b) Case II: one
impeller, and (c) Case III: two intermeshing impellers.

In Case I, the well-known case of two concentric cylinders was applied to verify the implementation of
the overset mesh method. In this case, the outer cylinder was stationary while the inner cylinder (with
diameter D) rotated at a constant angular frequency (! ) such that the Reynolds number was Re = 100.
This case was simulated using both the single mesh and the overset mesh methods, and the results were
compared to the well-known analytical solution (see the derivation, e.g. by White [45]). The sensitivity
of the results to three numerical approaches was investigated including the time discretization scheme,
the time step length and the overset interpolation method.

In Case II, one six-bladed impeller (diameter D) in a tank was simulated to assess the implementation
of the overset mesh method in OpenFOAM® . Similarly to the �rst case, the tank wall was stationary
while the impeller rotated such that the Reynolds number was Re = 100. Both single and overset mesh
methods were applied, and �ve di�erent mesh topologies were studied.
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In Case III, two six-bladed impellers in a tank were simulated to demonstrate the overset mesh im-
plementation in OpenFOAM ® . The impellers rotated in opposite directions with the same angular
frequency than in the one impeller case. The overset mesh method was only applied for the two im-
peller simulations since the single mesh method is not suitable for this case. Also, the conservation of a
transported passive scalar was evaluated.

2.4. Meshing approaches. Two meshing approaches were applied in this work: the single mesh ap-
proach and the overset mesh method. The single mesh method was used to obtain reference solutions for
cases where single mesh can be used. An illustration of the single mesh is presented in Fig. 2(a) where
the added (green color) cylinder indicates a rotating object.

Figure 2. The meshing approaches: (a) a schematic of the single mesh approach, (b) a
schematic of the overset mesh method, (c) the overlapping meshes applied in the overset
mesh method, and (d) the interpolation stencil for the overset mesh method where the
applied abbreviations are as follows: A { acceptor cell, MD { master donor cell, and D
{ donor cells.

A simpli�ed example of the overset meshes is presented in Fig. 2(c). The overset mesh represented
the domain around the rotating object (green-color cylinder in Fig. 2(c) added for clarity) while the
background mesh completely covered the simulated domain. Each cell was classi�ed by one of the three
cell types: passive, active, or interpolated. The passive cells were inside the boundaries of the solid
rotating object and thus, no calculations for the 
uid 
ow were executed in these cells. These cells are
marked with a red color in Fig. 2(b)-(d). In the active cells, the linear systems of the discretized governing
equations were solved to obtain the �eld variables similarly to the single mesh method. These cells are
marked with a blue color in Fig. 2(b)-(d). In the interpolated cells, the �eld variables were interpolated
from the overlapping mesh. These cells are indicated using a grey color in Fig. 2(b)-(d).

In the overset interpolation, the algorithm started by identifying the acceptor-donor pairs in the
interpolation stencil (Fig. 2(d)). First, the interpolated cells were de�ned adjacent to either the overset
boundary or the passive hole cells as presented in Fig. 2(b)-(c). An example of one acceptor cell (A) at
the overset mesh is presented in Fig. 2(d). Second, the master donor cell (MD) from the overlapping
background mesh was identi�ed. The MD was determined as the cell closest to the acceptor cell and it
was found using the global cell numbering. If the cell type of the MD was passive, the cell type of the
acceptor cell was automatically changed from interpolated to porous. In porous cells, the �eld variables
were obtained locally, similar to the active cells. Third, the neighboring cells of the MD were assigned as
the donor cells (D). This process of de�ning all the donor cells is called the donor search.

Finally, the �eld variables, such as velocity and pressure in the acceptor cell, were de�ned as follows:

� acceptor =
X

wi � donor;i ; (5)

where� acceptor and � donor;i were the �eld variable value in the acceptor and donor cells, respectively. The
interpolation scheme of the �eld variables was embedded into the sparse linear system of equations i.e.
Eqn. 5 is solved implicitly. The weights wi were calculated using the distances between the centers of the
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acceptor and the donor cells according to the applied overset interpolation scheme. Here, two schemes
were applied:

� Inverse distance method (invD)

wi =
1

jdi jP 1
jdi j

(6)

� Least squares method (LS)

wi =
1

jdi j2 �
�

M i;x

j di j2

P di;x

j di j2 + M i;y

j di j2

P di;y

j di j2 + M i;z

j di j2

P di;z

j di j2

�

P 1
jdi j2 �

P �
M i;x

j di j2

P di;x

j di j2 + M i;y

j di j2

P di;y

j di j2 + M i;z

j di j2

P di;z

j di j2

� (7)

wheredi was the distance between the cell centers of the acceptor and the donor cells.M = ( AT A) � 1AT

was a matrix calculated using all the donor cellsA =
h

di;x

j di j2
di;y

j di j2
di;z

j di j2

i
. The pseudo-inverse (AT A) � 1

was calculated using the singular value decomposition.

3. Numerical set-up

3.1. Standard simulation set-up for each simulation case. In the standard simulation set-up, time
was discretized using the backward di�erencing scheme. As a remark, it is a common practice in CFD
simulations to prefer at least second-order time and space discretization methods in transient simulations.
The time step was adjusted automatically such that the maximum Courant number Comax = � tU =� x
was 0.5 to ensure that the 
uid particle did not move through the cell during one time step (Co <
1) and thus, to improve the transient accuracy. The divergence term of the velocity was discretized
using Gaussian integration with linear interpolation. The default discretization schemes were applied for
the gradient terms (Gaussian integration with linear interpolation) and the Laplacian terms (Gaussian
integration with linear interpolation scheme for the di�usion coe�cient and corrected scheme for the
surface normal gradient). For the overset interpolation, the second-order least squares method was applied
in Case I but in the impeller cases, the �rst-order inverse distance method was applied to increase the
numerical stability. The applied boundary conditions for the di�erent simulation cases are summarized
in Fig. 3. For the pressure boundary condition in Cases II and III, a reference pressure was applied on
the outer edge instead of on only a single reference point due to issues in the numerical stability (see
Chapter 4.4).

Figure 3. The applied boundary conditions for the di�erent simulation cases. The
abbreviations are as follows:U { velocity, p { pressure, n { surface normal vector.

3.2. Case I: sensitivity to numerical approaches. In Case I, the sensitivity of the results to three
numerical approaches was investigated. In the �rst approach, the time discretization scheme was changed
from the second-order backward di�erencing scheme to the �rst-order implicit Euler scheme. In the second
approach, the time step sensitivity was investigated by decreasing the maximum Courant number from
0.5 to 0.25. In the third approach, the overset interpolation was calculated using the �rst-order inverse
distance method instead of the second-order least squares method. The reference simulation case was
solved using the single mesh method. These numerical approaches are summarized in Tab. 1.
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Table 1. The sensitivity of the results to the following numerical approaches was studied
in Case I. The abbreviations are as follows: invD { inverse distance method, LS { least
squares method.

Numerical
approach

Simulation
method

Time
discretization

scheme

Maximum
Courant
Number

Overset
interpolation

scheme

Reference single backward 0.50 LS
Standard overset backward 0.50 LS
Time scheme overset Euler 0.50 LS
Timestep overset backward 0.25 LS
Interpolation overset backward 0.50 invD

3.3. Case II: sensitivity to mesh topologies. In Case II, the sensitivity of the results to di�erent
mesh topologies was tested to estimate how the location of the overset interpolation a�ected the results.
The tested meshing options are presented in Fig. 4. In terms of the overset mesh, three di�erent topologies
were tested: 1) a circular mesh with a large diameter (D large ), 2) a circular mesh with a small diameter
(D small ), and 3) a conformal mesh where the overset mesh boundary followed closely the impeller shape.
The �rst topology ( D large ) was applied in Meshes 1 and 2 presented in Fig. 4(a)-(b). This mesh extended
the overset interpolation to region where the gradients of the �eld variables in the interpolated cells
were smaller than when using the other topologies. In the second topology (D small ), these gradients
were increased (Meshes 3 and 4 in Fig. 4(c)-(d)) and the third topology { using the conformal mesh
{ increased these gradients even further (Mesh 5 in Fig. 4(e)). In terms of the background mesh, the
large passive area (A large ) extended the overset interpolation to a region with smaller gradients of �eld
variables (Meshes 1 and 3 in Fig. 4(a) and (c)) compared to the small passive area (Asmall Meshes 2, 4
and 5 in Fig. 4 (b), (d) and (e)). For the conformal mesh around the impeller, mesh re�nement on the
background mesh was required in the region where the meshes overlapped to ensure that the interpolated
cells of the background mesh had donor cells available from the overset mesh. In addition, the e�ect of
the overset interpolation method was tested using the Meshes 1 and 2. The reference simulation was
obtained using the single mesh method where the rotating impeller was simulated utilized the multiple
reference frames (MRF) (see e.g. Patil et al. [46]).

3.4. Case III: sensitivity mesh topologies and conservation of transported scalar. In Case III,
the functionality of the overset mesh method for simulating two intermeshing impellers was demonstrated.
The suitability of di�erent mesh topologies was investigated by studying two mesh topologies presented
in Fig. 5: a) the large circular overset mesh with small passive area at the background mesh as well and
b) the conformal overset mesh.

The conservation of a passive scalar was evaluated to understand how accurately the scalar was con-
served when the overset mesh method was applied. The value of the scalar was initially 0 on the left side
of the tank and 1 on the right side. The convection equation for the scalar was solved using three di�erent
divergence schemes: the standard Van Leer scheme (vanLeer) and its bounded version where the scalar
was bounded between 0 and 1 (vanLeer01) were tested. Also, the bounded version of the gamma NVD
(normalized variable diagram) scheme [47] (Gamma01) was applied in the numerical tests. The di�usion
term of the transport function was omitted, and the number of the correctors was set to 2.

3.5. Metrics of the functionality. In the �rst metric, the mass conservation was estimated using the
mass conservation errors. The global mass conservation error (" ) and the error using the absolute value of
the velocity divergence i.e. L1 error ("L 1) were calculated based on the mass conservation law as follows:

" =

�
�
�
�
�

P
(r � U ) i dA iP

dA i

�
�
�
�
�
; (8)

"L 1 =
P

j(r � U ) i jdA iP
dA i

; (9)

where U and A were the velocity and the cell area, respectively. Only the active cells were included in
the calculation of " and "L 1. The error was normalized by the representative velocity gradient (U =� x)
where U and � x were the representative velocity and the corresponding cell size, respectively. The
representative velocity was the tangential velocity of the rotating cylinder or the impeller tip. The
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Figure 4. The di�erent mesh topologies investigated in Case II. The abbreviations are
as follows: D large { large circular overset mesh,D small { small circular overset mesh,
conformal { conformal overset mesh,A large { large passive area at background mesh,
and Asmall { small passive area at background mesh.

Figure 5. The di�erent mesh topologies investigated in Case III.

corresponding cell size (�x =
p

Acell ) was obtained from the cell adjacent to the rotating cylinder or
the impeller tip. The means and standard deviations of" and "L 1 were calculated at the steady state
conditions.

In the second metric, the dimensionless power number describing the ratio between the power resistance
to the inertial forces was studied. It accounted the e�ect of the pressure and viscous forces and thus, it
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could estimate the oscillation in the pressure and velocity �elds. The power number was calculated as
follows:

Np =
P

�N 3D 5 ; (10)

where P was the power (absolute value applied in this work),� was the density of the 
uid, N was the
rotational speed (N = != (2� )), and D was the diameter of the rotating cylinder or the impeller. The
power (P) was calculated based on the torque (�) asP = 2 �N � = ! � where the torque was obtained
from the rotating cylinder or impeller wall. The mean and the standard deviation of the power number
were calculated at the steady state which was presumed as the simulation period where the mean power
number remained essentially constant.

In the third metric, the velocity pro�les obtained from the overset mesh simulations were compared to
the reference pro�les to estimate the accuracy of the overset mesh method. The pro�les were obtained
along the selected lines as presented in Fig. 6. The velocity pro�les were normalized by the tangential
velocity of the rotating cylinder or the impeller tip.

Figure 6. The locations where the velocity pro�les were obtained for (a) Case I and (b)
Case II.

4. Results and discussion

The mesh independence study for each simulation case is provided in the Appendix A. In line with the
objectives of the study, this section aims at verifying the implementation of the overset mesh method by
comparing the concentric cylinder case to the analytical solution, assessing the implementation using one
six-bladed impeller, demonstrating the functionality of the overset mesh method for two counter-rotating
and intermeshing six-bladed impellers, and evaluating the conservation of a transported passive scalar
in the intermeshing impellers simulation. An approximation of the simulation time could be interesting
to industrial applications. To simulate one rotation of the Case I in serial, the simulation time of the
reference case was� 1 second while the overset simulations lasted closer to� 1 minute using a personal
computer. Regarding one rotation of the Case II, the execution time for the reference case was� 2 s while
the overset simulations using circular and conformal meshes were approximately� 5 min and � 50 min,
respectively. For the Case III, the CSC supercomputer Puhti with single core (please see more details
in [48]) was utilized and the time to execute one rotation was signi�cantly longer (� 10 - 100h) on a
single processor depending on the solver settings.

4.1. Case I. The velocity pro�les of the di�erent numerical approaches are presented in Fig. 7. The
reference pro�le obtained utilizing the single mesh method corresponded with the analytical solution
accurately. For the overset simulation, the pro�les obtained from all the numerical approaches were
essentially reproducing the analytical velocity pro�le. The velocity pro�les were not sensitive to the
di�erent numerical approaches.

In Fig. 8, a representative graph of the steady state velocity �eld is presented in Fig. 8(a), and the
normalized divergences of the velocity are illustrated for the single mesh simulation in Fig. 8(b) and for
the overset mesh simulation in Fig. 8(c)-(d). In this example, the standard numerical approached was
applied. The maximum and minimum divergences were located close to the rotating cylinder for both
the single mesh simulation and the overset mesh of the overset mesh simulation. In the background mesh
of the overset mesh simulation, the maximum and minimum divergences were found in a few interpolated
and passive cells.
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Figure 7. Case I: The e�ect of the di�erent numerical approaches on the velocity pro�les
(normalized by the tangential velocity of the rotating cylinder). The approaches are
summarized in Tab. 1. The abbreviations are as follows: BG - background mesh, OS -
overset mesh.

In Tab. 2, " and "L 1 obtained from the di�erent numerical approaches are summarized. The" and
"L 1 were not sensitive to the di�erent numerical approaches, but some 
uctuation was observed when the
overset interpolation was changed from the LS to the invD (Interpolation).

Table 2. Case I: The conservation errors" and "L 1.

Numerical approach " (-) "L 1 (-)

Reference 4:1 � 10� 13 � 2:9 � 10� 13 5:9 � 10� 5 � 2:0 � 10� 9

Standard 8:7 � 10� 6 � 1:4 � 10� 6 9:4 � 10� 5 � 1:4 � 10� 5

Time scheme 4:0 � 10� 6 � 9:1 � 10� 7 7:7 � 10� 5 � 1:1 � 10� 5

Time step 1:0 � 10� 5 � 2:0 � 10� 6 9:6 � 10� 5 � 1:6 � 10� 5

Interpolation 5 :3 � 10� 5 � 2:7 � 10� 5 1:5 � 10� 4 � 3:8 � 10� 5

In Fig. 9, the analytical Np = 43:8 is presented along withNp obtained using the di�erent numerical
approaches. No pressure 
uctuation was observed inNp due to the applied boundary conditions andNp

was utilized to assess the sensitivity of the di�erent numerical approaches. The reference case simulated
using the single mesh method corresponded well with the analytical solution. The overset simulations
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Figure 8. Case I: (a) the normalized velocity �eld as well as the normalized divergence
of velocity for (b) the single mesh simulation, (c) the overset mesh simulation (back-
ground mesh) and (d) the overset mesh simulation (overset mesh). The peak values of
the velocity divergence are highlighted. The velocity was normalized by the tangential
velocity of the rotating cylinder and the divergence by representative velocity gradient
(Ucylinder =� x innerBoundary ).

were the most sensitive to the time discretization scheme (Time scheme in Fig. 9) while other approaches
estimated Np accurately compared to the analytical solution.

The reference simulation utilizing single mesh method matched exceptionally well with the analytical
solution. Therefore, such single mesh simulations could serve as useful reference cases in more complex
impeller simulations where analytical solutions are not available. The overset mesh simulations were
the most sensitive to the time discretization scheme and therefore, the second-order scheme (backward
di�erencing) was applied in the impeller simulations.

4.2. Case II. In Fig. 10, the velocity pro�les are presented at the steady state conditions. It was noted
that the resulting velocity pro�les were not sensitive to the mesh topologies.

In Fig. 11, a representative graph of the steady state velocity is provided for the single mesh simulation
(a) as well as the divergence of the velocity for the single mesh simulation (b) and the overset mesh
simulation (c)-(d). In this example, the conformal mesh was applied. The maximum and minimum
divergences were found close to the tip of the blade for the single mesh simulation. In the overset
mesh simulations, the maximum and minimum divergences on the background mesh were found in a few
passive cells while the maximum and minimum divergences on the overset mesh were located near the
interpolation boundary.
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Figure 9. Case I: The e�ect of the di�erent numerical approaches on Np. The ap-
proaches are summarized in Tab. 1.

Figure 10. Case II: The e�ect of the di�erent mesh topologies on the velocity pro�les
(normalized by the tip velocity of the blade) over (a) Line 1, and (b) Line 2 presented
in Fig. 6. The topologies are illustrated in Fig. 4.

In Tab. 3 , " and "L 1 obtained from the di�erent mesh topologies are summarized. In terms of" , all
circular mesh topologies (Meshes 1-4) had the same order of magnitude and" was the lowest when the
conformal mesh (Mesh 5) was used. One potential reason was that the mesh re�nement was required on
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Figure 11. Case II: (a) the normalized velocity �eld as well as the normalized diver-
gence of velocity for (b) the single mesh simulation, (c) the overset mesh simulation
(background mesh) and (d) the overset mesh simulation (overset mesh). The peak val-
ues of the velocity divergence are highlighted. The velocity was normalized by the tip
velocity of the blade and the divergence by the representative velocity gradient
(Utip =� x tip ).

the background mesh due to the overset interpolation and the mesh re�nement typically improves the
accuracy of the simulations. The"L 1 was not sensitive to the mesh topology.

Table 3. Case II: The conservation errors" and "L 1. The topologies are illustrated in Fig. 4.

Numerical approach " (-) "L 1 (-)

Reference 6:4 � 10� 13 � 3:5 � 10� 13 7:4 � 10� 5 � 9:4 � 10� 10

Mesh 1 1:3 � 10� 5 � 1:7 � 10� 5 2:0 � 10� 4 � 3:7 � 10� 5

Mesh 2 1:4 � 10� 5 � 5:2 � 10� 6 2:1 � 10� 4 � 9:1 � 10� 6

Mesh 3 1:3 � 10� 5 � 8:8 � 10� 6 2:2 � 10� 4 � 1:3 � 10� 5

Mesh 4 1:3 � 10� 5 � 6:6 � 10� 6 2:1 � 10� 4 � 5:5 � 10� 6

Mesh 5 2:3 � 10� 6 � 1:7 � 10� 6 1:1 � 10� 4 � 4:3 � 10� 6

In Fig. 12, the Np obtained using the di�erent mesh topologies are presented. The referenceNp = 9 :0
was obtained from the simulation utilizing the single mesh method. It was noted that the Np obtained
from the overset simulations was sensitive to the mesh topologies. When the circular meshes (Meshes 1-4)
were applied, theNp obtained from the overset mesh simulations were in accordance with the reference
case. In contrast,Np was overestimated when the conformal mesh (Mesh 5) was applied. The accuracy
was increased to accepted level when the conformal mesh was re�ned such that the interpolated cells
at overset and background meshes did not overlap. The pressure 
uctuation was estimated by studying
the standard deviation in the pressure component ofNp. The 
uctuation was insigni�cant when the
circular meshes (Meshes 1-4) were considered. Regarding the conformal mesh, 
uctuation was observed
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but re�ning the mesh decreased also the 
uctuation. In addition, the overset interpolation method did
not in
uence the accuracy of Np.

Figure 12. Case II: The e�ect of the di�erent mesh topologies on Np. The topologies
are illustrated in Fig. 4. Please note the highNp 
uctuation for Mesh 5 i.e. the conformal
mesh topology.

The simulated velocity pro�les and Np matched well with the reference cases. Therefore, it was
expected that the acceptable order of magnitude for the errors" and "L 1 were in the range� 10� 6 � 10� 4.

4.3. Case III. The suitability of the circular and conformal mesh topologies was evaluated for the inter-
meshing impellers. When the circular meshes were applied around the impellers, few of the interpolated
cells were replaced with the porous cells. These porous cells are marked with red in Fig. 13(a). However,
the porous cells are not supported for the simulation cases where two inset meshes are on top of the
background mesh such as the case simulated here. Therefore, the only meshing topology suitable for
Case III was the conformal mesh around the impellers as presented in Fig. 13. In the present study, we
did not use the circular meshes in Case III due to the appearance of porous cells and only the conformal
mesh topology was applied.

Figure 13. (a) the mesh with porous cells (not used for the simulation of Case III) and
(b) the conformal mesh topology (used for the simulation of Case III). The cell types
are indicated as follows: active cells (blue), interpolated (light blue), passive (grey) and
porous (red).
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The normalized divergences of the velocity are presented in Fig. 14 for the background mesh (a) as
well as for the left (b) and right (c) impellers. The maximum and minimum divergences in all meshes
were found at a few interpolated cells and passive cells similarly to Case II.

Figure 14. Case III: The normalized divergence of velocity for (a) the background
mesh, (b) the left impeller mesh, and (c) the right impeller mesh. The peak values of
the velocity divergence are highlighted. The velocity was normalized by the tip velocity
of the blade and the divergence by the representative velocity gradient (Utip =� x tip ).

The conservation errors" and "L 1 were 5:2 � 10� 6 � 4:4 � 10� 6 and 3:9 � 10� 4 � 1:4 � 10� 5, respectively.
They were in the same range as for Case II and thus, it was assumed that the mass conservation was at an
acceptable level. TheNp values obtained for the right and left impeller were 31:3 � 34:0 and 31:9 � 34:2,
respectively. The standard deviations of theNp for both impellers were high, but phenomenologically,
we expected that some of this 
uctuation was of physical origin. We note that a reliable reference result
without overset mesh method is lacking in Case III. In the literature, several researchers have studied
intermeshing rotors in the context of kneaders and TSEs [4{8] even though the geometries matching
our simulations were not found. These studies utilized FEM and MTS for 3D simulations. However,
possible phenomenological pressure oscillation was not discussed. Singh Tomar et al. [14] studied a mixer
utilizing a 2D simulation and conformal meshes but they did not report any pressure 
uctuation. On
the other hand, Chandar [17] studied a 2D simulation of an oscillating cylinder in a closed tank. He
stated that such simulations are challenging since there is no mass 
ow in or out of the system and noted
that the drag coe�cient was highly oscillatory. In our Case II with one impeller, no physical pressure
oscillation was expected. Indeed, the viscous component ofNp was constant for all studied meshes. For
Case III with two impellers, the viscous and pressure components ofNp are presented in Fig. 15 and
Fig. 16, respectively. The viscousNp exhibited periodic oscillation which could be of physical origin.
The maximum and minimum values of the viscousNp were observed when one blade of the right and left
impeller, respectively, were approaching vertical position in the intermeshing region. A similar periodic
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behaviour was noted also for the pressureNp. However, we observed also some additional unsteady

uctuation which could be caused by the overset interpolation and the conformal mesh topology (see
standard deviations in Fig. 12).

Figure 15. Case III: viscous component ofNP . The abbreviations are as follows: t -
time for one rotation, T - period time.

As a �nal example, the transport of a passive scalar is presented in Fig. 17 at three instants of time
using the van Leer scheme. The scalar �elds appeared very similar for all the studied schemes. After
ten rotations, the normalized scalar average (cave ) for the vanLeer, vanLeer01 and Gamma01schemes
were 0:9995� 0:0005, 0:9995� 0:0005, and 0:9994� 0:0004, respectively, i.e. the scalar was essentially
conserved.

4.4. Challenges related to the overset mesh method. The pressure boundary conditions were found
to be challenging for the overset mesh method in the impeller simulations (Cases II and III). Since the
impeller was considered as an impermeable wall, the Neumann pressure condition (�xed gradient) was
applied at the impeller boundary. When the Neumann pressure condition was applied also at the outer
wall of the tank, the pressure value in the simulation domain was �xed only at one individual pressure
reference point. This caused no stability issues in the single mesh simulation. However, in the overset
mesh simulation, the unphysical pressure 
uctuation was observed, and the conservation error due to
the overset interpolation accumulated around the pressure reference point. The same phenomenon has
also been noted e.g. by Chandar [17]. To stabilize the simulations, the pressure at the tank wall was
determined using the Dirichlet condition (�xed reference value). In three-dimensional simulations, a
reference pressure is typically assigned at the inlet or outlet boundary and thus, the Neumann pressure
condition could be assigned to other walls to simulate their physical conditions more realistic.

Another challenge for the overset mesh method was related to the circular overset meshes that over-
lapped in the two impeller case (Case III). The circular meshes could have been more accurate than
the conformal mesh based on the sensitivity comparison of the mesh topologies in the one impeller case
(Case II). However, the circular meshes could not be utilized in the simulation where two overset meshes
overlapped on top of the background mesh due to the mesh hierarchy algorithm. Therefore, the con-
formal mesh topology was the only option for simulating the intermeshing impellers. A few algorithmic
modi�cations could be useful for future research to allow the use of circular mesh topology. First, the
overset mesh algorithm could support also the overlapping of two meshes on top of the background mesh.
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